meant by cutting a straight line c in extreme and mean ratioJ. The first and last propositions are analogous; 1 proves that triangles and • parallelograms of the same height are to one another as their bases, and 33 that in equal circles angles at the centre or circumference are as the arcs on which they stand;   both use  the  method  of   equimultiples  and  apply V, Def. 5 as the test of proportion.    Equally fundamental are 2  (that two sides of a triangle cut by any parallel to the third side are divided proportionally, and the converse), and 3 (that the internal bisector of an angle of a triangle cuts the opposite side into parts which have the same ratio as the sides   containing the angle, and the converse);   2 depends directly on 1 and 3 on 2.    Then come the alternative conditions for the similarity of two triangles: equality of all the angles respectively (4), proportionality of pairs of sides in order (5), equality of one angle in each with proportionality of sides containing the equal angles (6), and the * ambiguous case' (7), in which one angle is equal to one angle and the sides about other angles are proportional.    After the important proposition (8) that the perpendicular from the right angle in a right-angled triangle to the opposite side divides the triangle into two triangles similar to the original triangle and to   one   another, we pass  to the   proportional  division of straight lines  (9,   10) and the problems of finding a third proportional to two straight lines (11), a fourth proportional to three (12), and a mean proportional to two straight lines (13, the Book VI version of II. 14).    In 14, 15 Euclid proves the reciprocal proportionality of the sides about the equal angles in parallelograms or triangles of equal area which have one angle equal to one angle and the converse; by placing the equal angles vertically opposite to one another so that the sides about them lie along two straight lines, and completing the figure, Euclid is able to apply VI. 1.    From 14 are directly deduced 16, 17 (that, if four or three straight lines be proportionals, the rectangle contained by the extremes is equal to the rectangle contained by the two means or the square on the one mean, and the converse).    18-22 deal with similar rectilineal figures; 19 (with Porism) and 20 are specially important, proving that similar triangles, and similar polygons generally, are to one another id the duplicate ratio of corresponding

